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Abstract

The Black-Scholes model assumes log-normal stock returns with constant volatility, yet empirical evidence reveals significant deviations,
including skewness and excess kurtosis in financial markets. To better capture these characteristics, extended models incorporating jump
processes and non-normal distributions have been developed. This study evaluates the pricing accuracy of four option pricing models—the
Black-Scholes model, the Merton jump-diffusion model, the Kou double-exponential jump model, and the Gram-Charlier expansion model—
with a focus on their performance under varying degrees of skewness and kurtosis. Our findings indicate that the Gram-Charlier model
outperforms the Merton and Kou models in scenarios with negative skewness and leptokurtic distributions. Conversely, the Kou model
demonstrates superior accuracy under conditions of low skewness and kurtosis. These results highlight the importance of selecting appropriate
pricing models based on the underlying return distribution characteristics.
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Introduction.

The Black-Scholes model assumes that stock returns follow a normal distribution with constant volatility. However, empirical evidence
in financial markets shows that stock returns exhibit significant non-normal skewness and kurtosis. To better capture these
characteristics of asset return series, several models have been developed to generalize the Black-Scholes framework for more accurate
option pricing. The Merton jump-diffusion model and the Kou model extend the Black-Scholes approach by incorporating a compound
Poisson jump process, which allows these models to account for skewness and kurtosis in asset price distributions. An alternative
methodology, the Gram-Charlier expansion, addresses skewness and kurtosis effects through a different approach - it uses Hermite
polynomials to approximate the probability distribution of asset prices. This study systematically examines and compares the pricing
accuracy of four key models: the standard Black-Scholes model, the Merton jump-diffusion model, the Kou model, and the Gram-
Charlier expansion. Our analysis specifically focuses on how these models perform under varying conditions of skewness and excess
kurtosis, providing insights into their relative strengths and limitations.

Materials & Methods

This study analyzes historical closing prices for three major Iranian financial instruments: (1) Iran Khodro Company (ticker: Khodro)
from May 16, 2020 to August 28, 2024; (2) Social Security Investment Company (ticker: Shasta) from March 2, 2022 to August 28,
2024; and (3) Charisma Equity Fund (ticker: Aharm) from December 20, 2021 to August 28, 2024. Volatility estimates for all three
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securities were computed using historical volatility methods based on the price series. We then calculated European call option prices
using four distinct pricing models: the standard Black-Scholes model, Gram-Charlier expansion, Merton jump-diffusion model, and
Kou double-exponential jump model. Finally, we conducted a comparative analysis between the model-derived prices and actual
market prices to evaluate model performance.

Findings

This study incorporates the effects of skewness and excess kurtosis into various option pricing models. Our comparative analysis
reveals that the Gram-Charlier model demonstrates superior pricing accuracy, exhibiting lower errors compared to both the Merton
jump-diffusion model and Kou model under conditions of negative skewness and leptokurtic distributions. Conversely, the Kou model
outperforms alternative approaches in markets characterized by low skewness and kurtosis. These findings make two significant
contributions to the option pricing literature. First, they provide empirical evidence for model selection criteria based on distributional
characteristics of underlying assets. Second, they demonstrate that optimal model choice depends critically on specific market
conditions. Our results suggest that practitioners should carefully consider the statistical properties of asset returns when selecting
pricing models, rather than relying on a single universal approach.

Discussion and Conclusion

The results of this study indicate that for the Shasta symbol, option prices calculated using the Gram-Charlier model significantly
outperform those derived from the Kou and Merton models. This superior performance stems from the presence of negative skewness
and excessive kurtosis in the data. We conclude that the Gram-Charlier model produces better results than the Merton and Kou jump
models when applied to datasets exhibiting negative skewness and high kurtosis. For the Khodro symbol, the Merton model
demonstrates greater pricing accuracy compared to both the Gram-Charlier and Kou models, a result attributable to the high kurtosis
present in this dataset. Regarding the Leverage symbol, the Kou model provides more accurate option pricing than the Gram-Charlier
model, owing to the relatively normal skewness and kurtosis characteristics of the data. These findings lead to two key inferences:
First, the Kou model proves particularly suitable for datasets displaying normal characteristics or for cases where normality has been
rejected by statistical tests but without significant abnormal skewness and kurtosis. Second, the Merton model serves as an appropriate
option pricing model for non-normal datasets characterized primarily by high kurtosis without accompanying skewness.
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Figure (1): Chart of price and daily logarithmic returns of the symbols of the khodro, Shasta and Ahrom
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! Shapiro-Wilk Test

2 Jarque Bera Test

3 Augmented Dickey—Fuller test

4 Kwiatkowski—Phillips—Schmidt-Shin (KPSS) tests
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Table (4): Initial estimation of parameters
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Table (6): European call option of the khodro symbol with historical volatility with a share price of 2452
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Figure (2): Chart of khodro symbol option price with Black Scholes, Gram Charlier, Merton and Kou models
compared to the market
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Table (7): European call option of Shasta symbol with historical volatility with a share price of 1140

) ) FFCRENt oylrpl £ 05 o oLl S Ao
Ghay owed o
S Ly
Jsl  dlesl I3 ot o et doys Cwd S Ao Cwd
as- s
o Vo 5. OO \/+ YAY $00/) \/eSEY 00/ VAYAY YOAN EYOF
o Avs ¥¥O YOO ¥/5ean Yo/ Y/OAO YOV/0 LT CR VIR NN Y
o Qe Y5 YouN +/+445 YSY/ AYYA YOu v 4485 YEEY \/IYASY
YO Ve VY VPR VYAV WY/ /Y0 V#Y/4 080 VPV ¥/AA
YO Ve v AY/e NO/YSA VS /Y V/TYaq s4/5 ¥/4 O AVA YONABA
Yo \Yeo Yy Ya/# Y¥/OvYS AAVAY YV/+AQD Y0 YA/NV ¥ Y#/4 YY/YAYA
v Vo WO VT \/STYO £55/4 \/SAVA VY VEYYD  fVYY «JOAS)
v Avs Yoo Y YRNYOY YVYY OYEARY VAN OYENAYS YVSA YO/SYS.
sv Qe YA YVO/A V05 YAY/A A4 FY YO/ VYV YAV/A 5¥14
BY e \q¥ VWA AT VYV «/S0AY \Va/¥ V/O¥T VAQ/¥ Y/FOAY
Y e Y VVEFYTAA VARV 12 Qs AATSEY VeAY YYVY
SY Y. 2% OYNV  YY/FAYY Y5 WVRY YA )14/008A 0 F  YEFVAA
A Vo ovY £AV/A AN A) /A AN FAV/A LY I XV SRV o 1T



VEF01) gl oslad ool osladt cons jom Sl Jlo b s oy Cu e o
aA Avs AR AN YATASF TAVA Y /POVY FAVAA O YARTY Yag/s YY/TIAY
A 4 YOV YAO/A VNP Yo/ VE/YVE Yav/4 /585 TOEO VE/SAY
AGA Ve VAY YeaNf N0/ VY YAON  VAOYA Yoo/A VYOV YV YANVEY
A Ve 144 WO/ YY/veY WYY YA/RVVA VWA FY/YRVE WAY Y /o¥a¥
LV I o \AYRRR CVAR 42+ ov/Y ATSA 0+ /8 F/04A0 YA SVIEAA

Y8 Vi O £4Y/0 V¥ OA £4¥/) VAVED £4Y/¥ VY 0+ Y/4 < /OATY
Y8 Qs Y. VIV YONVED TYVA O YEN0) YOAV O YE/TATY FYYY O OYY/YYFO
\WYE N ¥OY YYV/A  YO/TEYA AAAPASER 0 VAN N Y\V/E YAAVYD YYF/F YYVAYY
WS N VY Y 00/0 O/ +F VEY/¥ \ZARVN Aaris /¥ 0f VP /f LARNYS
\WYE VFe 4\ YN £Y004 VWA AEAVVYY MY As/fNAf YNA  SAYTVY

Ut o Sle  VADAY W/YEq \V/ovas \ZYAARR

)L:_m; L;Ua;—ﬁd.,u (CJJ\A./\.\L) CJ.,L«QL:A LQJAOUJS) ). :\:JS)) S g 3 [CEBE A V! BE (V) J)Jo- 444}}}1:
sl (dadds 5 GOl (OdasliS) OV S 3 o clle 3 05 0 Jda Ko bl as o 0L S50

.J)\J LAJJ\A ﬁbbwuﬂ BEl @-YL )k:-vod.

a

S

i T T
20 40 G0 80 100 120 140

E _,,R : - ; I, =

s 3 e .r"r S S e h‘_\/ _/\A\
T T T T T T 1
20 40 G0 80 100 120 140

Sl g
100

20

40

60

g0

100

120

140
L e 3 s
L a3 5 5 055 m ead gl S pd Sl gadbe b it slad il and ls s 1(F) S5

Figure (3): Shasta symbol option price chart with Black Scholes, Gram Charlier, Merton and Kou models compared
to the market
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Table (8): European call option of the Ahrom symbol with historical volatility in the share price of 16860
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Figure (4): Option price chart of the Ahrom symbol with Black-Scholes, Gram-Charlier, Merton and Kou models

compared to the market
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