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Extended Abstract
Introduction

In geodesy, three levels are considered: the physical surface of the earth on which mapping
measurements are made, the ellipsoidal reference surface (geometric datum) which is the basis of
mathematical calculations, the geoid physical surface (physical datum) which is the basis for measuring
heights. Satellite positioning systems measure the height of points relative to the ellipsoid surface. The
geoid is one of the equipotential surfaces of the earth's gravity field, which approximates the mean sea
level (MSL) by least squares. Geoid is very important in geodesy as a representative of the physical
space or the space of observations made on the earth and also as the base level of elevations. The
separation between the geoid and the geocentric reference ellipse is called geoid height (N). Although
there is only one equipotential surface called geoid, various methods are used to determine it. These
methods include: geometric method, geoid determination by satellite method, Gravimetric methods and
geoid determination using GPS/leveling.

Materials and Methods

In this paper, the aim is to estimate the height of the local geoid using machine learning models.
To do this, artificial neural network (ANN), adaptive neuro-fuzzy inference model (ANFIS), support
vector regression (SVR) and general regression neural network (GRNN) models are used. The geodetic
coordinates of 26 GPS stations in the north-west of Iran along with their orthometric height (HO)
and normal height (h) were obtained from the national cartographic center of Iran. In all stations, the
difference of orthometric height and normal height is considered as geoid height (N). Therefore, the
geodetic longitude and latitude of the GPS stations are considered as the input of the machine learning
models, and the corresponding geoid height was considered as the output. In order to test the results
of machine learning models, two modes of 4 and 7 test stations are considered. Also, the output of the
models is compared with the local geoid model IRG2016 presented by Saadat et al. for the Iranian region
and also the global geoid model EGM2008. ... p Page 100
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Results and Discussion

Duetothe availability of acomplete set of observations
of GPS stations along with orthometric height obtained
from leveling in the north-west region of Iran, the study
and evaluation of the models proposed in the paper has
been carried out in this region. Observations of 26 GPS
stations of North-west of Iran were prepared from the
national cartographic center (https://www.ncc.gov.ir/).
Two modes are considered for training and testing of
ANN, ANFIS, SVR and GRNN models. In the first case,
the number of training stations is 22 and the number of
test stations is 4. But in the second case, by increasing the
number of test stations to 7 stations, the error evaluation
of the models has been done. It should be noted that the
distribution of training and test stations is completely
random.

After the training step of machine learning models
and choosing the optimal structure, the test step is
performed in two different modes (4 and 7 stations). At
this step, the value of the geoid height in the test stations
is estimated and compared with the value obtained from
the difference of orthometric height and normal height
as a basis. Two statistical indices of relative error in
percentage and RMSE in centimeters were calculated for
all models and presented in Table (1) for the first case.

According to the results of Table (1) and comparing
the relative error values of all models in the test stations,
it shows that the ANFIS model was more accurate than
other models. After ANFIS model, IRG2016 model has
higher accuracy than ANN, SVR and GRNN models. It
should be noted that the IRG2016 local model uses the
observations of all Iranian plateau stations to model the
local geoid, and therefore it is expected that this model
will be more accurate in the study area than other models.

Conclusion

The evaluations show that in the case of 22 training
stations and 4 test stations, the RMSE of ANN, ANFIS,
SVR, GRNN and IRG2016 models in the test step are
37.32, 19.83, 49.34, 53.82 and 29.65 cm, respectively.
However, in the case of 19 training stations and 7 test
stations, the error values of the models are 36.63, 58.31,
39.64, 41.29 and 24.68 cm, respectively. Comparison
of RMSE shows that ANN model with less number of
training stations provides higher accuracy than ANFIS,
SVR and GRNN maodels. The results of this paper show
that by using ANN and ANFIS models, geoid height can
be estimated and used with high accuracy locally in civil
and surveying applications.

Table 1. Relative error (%) of ANN, ANFIS, SVR, GRNN and IRG2016 models

in the test stations considered for the first case

TABZ BZGN SAGZ AHAR
IRG2016 0.25 1.68 2.86 0.04
ANN 1.10 0.86 3.64 2.56
ANFIS 0.10 0.89 1.94 0.96
SVR 0.71 2.36 4.66 2.29
GRNN 0.74 1.83 5.92 2.06
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6- Astrogeodetic method
7- Deflection of vertical

8- Gravitational satellites
9- Boundary value problem
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1- Geodesy

2- Geometrical datum
3- Geoid

4- Mean Sea Level

5- Geoid height
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3- One-dimensional fast Fourier transform
4- Radial Basis Functions

5- Orthometric height

6- Geodetic height
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1- Gravity anomaly
2- Topographic corrections
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7- Overfitting problem
8- Root Mean Square Error
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1- Machine Learning models

2- Artificial Neural Network
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